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Theorem 5.11 (Schottky’s theorem). Let f € H(B

1(0)) be such that | f(0)| < r and {0,1}Nf(B1(0)) = 0.
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Homework 7.1 (A general version of Bloch’s theorem). Show if f: U — C is holomorphic
and f’(c¢) # Oatapointc € U, then f(U) contains disks of every radius (3/2— \/E)sif’((')l,
where s € (0, dist(c,dU)). In particular, show if f : C — Cis entire and nonconstat&then
f(C) contains disks of arbitrarily large radii.
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Theorem 5.12 (Sharpened version of Montel’s theorem). Let D C C be a domain and
F :={f: D — C holomorphic, {0,1} N f(D) = 0}.

Let {fn}en C F. Then either {f,} contains a subsequence that converges locally uniformly to some
holomorphic function f: D — C or the whole sequence |f,| converges locally uniformly to +oc.
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